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Start field I
,

connected reductive Kymup 6/k. Eder : [6, 6) All referaus are to Kaltha-Prasad

lexupt one Rabinoft didgram).Assume 6 split for now
,

but later will consider quasisplit care
. All the definitions of subgroups below are general exept for 6lb

,
which has

6
U

a

com-by-case definition (I only wrote the quaisplit definition ,6g) -Ge-God and T1 (which I didn't give the full quasisplit definition for .
TakeS split maxl forms in 6 <maxil for splith) . Sor = Stude

,
Sc = preimag ,

Sad-imag,

Hare bisections between (6Scl
,

16
,

S1, 16 d ,
Schil, (bad

,
Sadl. 2 . 6(a)

Ps Su RX)
cont of not Mignsl a

notsure if this is used

Now accum 1 Herulian with nentrical discrete valuation W : p
*
-> R , 0 = w" (R2o)

,
f = Or m (perfect :)

Asociated to S is (nonclared) apartment ACS)
,

which is altire space hand on R&S der

Have bijections betwee AlScel, AlSI , A(Sdr) , Alsad). 4 . 1
,

Axiom 4. 1)

Sam with buildings . So in particular , action of blon B(6) factors through Gan(k).

How to think of apartment & constinct pardonic subeps
let of bounded subsctems : $2 .

2

De: (((' = (g + (()x(y) 0
= Vx = X(6))

this is S in split can
,

Prop 2 .
2

. 16 z: =
zo(s)

- and moxil torns T In quasisplit case

: 25(e)
6((4 = im16s ,

(k) -> 6(k) 6(k = 6(p *. Ella'= 6110 Elks' ,
when finite index

⑪TCO uss quasi-split :T= za(s) is forsplit
genem , ne have Cll

* cloCall Lackis
2. S(d)

Ds(" = sil' for S split , or more generally ,
it Spar is indoned. The latter is tone it s is induced , which holds for

S a maximally-split maximal fores in a quasisplit group
of simplyconnected or adjoint type .

2
.S(a)

ea: Who is 616* = Gurk) ! Consider the Sequence 1- > Ma- > Shn-Plan -1 .

Takingctule coh . gives 1-Malk- > Scall- > Pbha( -> H(k, Mn) -> H(k,Scalk)

" "

En (000) is in P6L(K) but not in the image of SC(k).

Now we can make a table with groups of interest for us (everything is split here).



=
Now we can define the parahoric subgroups and other bounded subgroups associated to an apartment.

We still work in the split case.

we have roof unipotent subees Ua for at E
, with Nat On non-canonically.

So the groups Us are canomically someplic in 6
,

Geder, Goe ,
God.

If we dix a Caleysystem ,
i . e . a compatible choice of Un :GazUa lequivalent to choosing elements Quall) =Xaeal

then we get a banpoint OEALS
given of Als) , he construct a parahoric Py = (S(,Me

Both us and alxs depend on the barepoints and they canal out so that DX depads only on the abstract point x
Using the G(K)-conjugation action and an equivalence relation

, we can construct the building B161 .
Then PX is also 6110-stabilizer

.

Thus O g600(4x) .

So we can write Px = 61*

For more into on this fact
, see the last paragraph to the introduction of Chapter 7 : The above description is the "bu hand" construction,

and there is also a construction by looking at the stabilizer under the conjugation action . They aga bu Prop 7. 6 .

4.

In general , re let 6(b* be the stabilizer of+ B16) by the action of G1k *, when= Dilibor nothing . 57.
6
,
7.)

By Prep Todo4
,

itI lies in a fref , then the Stabil and pointric stabiliar of 1 in 610 joinside. Pmps.
7 S

In general ,
this is not tre for Gl

.

Consideromo ,
the standard chamber te Pl

Then ( . 07(887(0) = ( , ] (8] = Cr7

(% (m) (0) = (, %) (a) = (8)

So C ,
b) stabilizes this chumber

,
but not pointwise.

So for afut Fire define 6(bitCGlb ,
being pointile subilit stabilizer of f in 61k .

ming : The book also defines 61st
,

but this doesn't have an inteptation interms of stabilizers.



bins Stall Shi = Stellig : Slf :

intersect with SG(K)

:i In a

Gives Plt/f : Pl(k* = Polack :

image in P61
, (11) ↓xmidpointo a

a
gives bulk)f

Emb : for X not a midpoint in the interior of a chamber
, 611x = 64(k) * - Kid

= Gluckfl det has even valuation

-building
. Use R&X(T) includ of Riders.

Now the enter of 6(b) dits On the building nontrivially
.

-

-= dan

Al bounded open subgroups af cells lie inllls'.

61bCCG(DSA CGLECGLDE . GISA is not bounded in general .

· Glix can have weird behavior (similar to Collets
,

since ey. ( , b) flips the chamber orientation.

· GIIE also exists but I haven't defined it. It is a subgroup of 61k2

· Glut is nat alkot in general , since Gr F
, C

,

we have Glo but Gleot Clot See below.



general , defining the Moy-Proced subgroups of parahoric subgroups requires us to have a filtration

-Oradsubprois Tps Ul at a point A),
as well as on sks itself.

The N-indexed filtration
on Ua is canonical (Def6 .

1 . 2) but there is mone freedom for the filtration on the torn,

(more specifically , on ECKI)
.

For the split and quasi-plitcases,
E is a toos T and there is a canonical filtration given below.

Lemon-Prov = (ETIbo(wIE-1) Ir EXXD

Pro : = Px .

% . getm· (tm)
Par := <Tr ,

Kalm-l+)

Part Pas
Then Oxo = PX

, Prot depend only on the fact OfX. This is not true for Oxir in general .

Pro Pro ofPro

for F
,
C

,
we nare Prot ProtecPf

. from Rabinott undergrad thesis



Qausisplitcare key property that makes this sare nice ! EG(S) = To
maximal torns,

Maximally split turns
No anisotropic Karl = (EalI

,
Ea(s)) .

As all maximal split fori are GCK) - song
,

all manimally split maximal for are collisions. There is only one continuation (S.T) up to 61KS-conjugaly.

We haveaive root system (6,3)
,

with all four versions the same.

Let t be the Galois up laction) .

The afromSand 010) is the image of under the canonical map
XT-x+).

Two types of roots (and unipotent subgroups) for 3.

ImRon mplibdivisintha transite traction

Take a representative t
, so He Do Over Ka ,

the fixed bed of the Fraction on a

Then Ua = ReskarkHa is commutative.

IRo with
t marping toddia,replacea

Then Un = Respirat
, Ucas = UaUaUp is a

3-dim . non-comm , unipotent group.

quaisplit (Ugl has relative roat sustm
t coming from cfor quadratic extension e/k

Generally , all the definitions are the came as above (first page of notes) : Als) based on &X Ideal , etc.

Only need to really figure out the unipotent group distrations (on UaS.

see 3
. 2 and 56 . /(b).


